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Abstract
Aluminium tunnel junctions are key components of a wide variety of electronic devices. These
superconducting tunnel junctions, known as Josephson Junctions (JJ’s) are one of the main
components of superconducting qubits, a favourite qubit technology in the race for working
quantum computers. In this simulation study our JJ configurations are modelled as two
aluminium electrodes which are separated by a thin layer of amorphous aluminium oxide. There
is limited understanding of how the structure of the amorphous oxide barrier affects the
performance and shortcomings of JJ systems. In this paper we present a computational study
which combines molecular dynamics, atomistic semi-empirical methods (Density Functional
Tight Binding) and non-equilibrium Green’s function to study the electronic structure and
current flow of these junction devices. Our results suggest that the atomic nature of the
amorphous barrier linked to aluminum-oxygen coordination sensitively affects the current–
voltage (IV ) characteristics, resistance and critical current. Oxide stoichiometry is an important
parameter that can lead to variation in resistance and critical currents of several orders of
magnitude. The simulations further illustrate the variability that arises due to small differences in
atomic structure across amorphous barriers with the same stoichiometry, density and barrier
length. Our results also confirm that the charge transport through the barrier is dominated by
metallic conduction pathways.

Keywords: DFTB, NEGF, quantum computing, qubits, Josephson junctions, material modelling,
simulation

(Some figures may appear in colour only in the online journal)

1. Introduction

Josephson junctions (JJ’s) are superconducting tunnel junc-
tions that consist of two superconductors separated by a thin
insulating layer. They are key to several different device
technologies, notably SQUIDs and superconducting qubits
[1, 2]. With the race to quantum supremacy well underway,

superconducting qubits are a favourite among many qubit
technologies [3]. JJ are key to the superconducting qubit as it
creates non-linearity in an otherwise harmonic potential [4].
One of the main challenges faced in quantum computing is
decoherence of qubits. Until now, most improvements to
decoherence times has been achieved through circuit design
and engineering. The thin oxide insulating barrier in typical JJ
devices is amorphous and considered to be one of the main
sources of noise and decoherence in qubits, due to two level
defects within the barrier [5, 6]. In addition, the amorphous
nature of the barrier leads to variability in junction perfor-
mance and poor control of the critical current, Ic, a key
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parameter which affects the qubit energy levels and operating
frequencies [7]. Although in wide use experimentally and the
physics has been understood since the 1960s, there is still a
poor fundamental understanding from an atomic perspective
of how the structure of the junction affects the performance
and variability of the device and subsequently qubit appli-
cations [8, 9].

Computational modelling is an efficient tool to study the
atomic structure of materials and their electron transport.
Experimental exploration of junctions is expensive, pains-
taking and very time consuming [10–12]. Through the use of
modelling, we can create, probe and study different junction
types, properties and effects more easily. Accurate and effi-
cient computational models can improve understanding and
help the fabrication and design of JJ’s for qubit and other
applications. In combining classical molecular dynamics to
create the amorphous barrier, Density Functional Tight
Binding (DFTB) model to study the electronic structure with
non-equilibrium Green’s function (NEGF) to study the
transport in three dimensions. We can efficiently and accu-
rately study JJ’s and gain a fundamental understanding of
how their material properties influence their operation.

The archetypal Josephson Junction is the Al/AlOx/Al
junction, it is the most studied and is the focus of this paper.
There are several challenges in modelling the Al/AlOx/Al
system computationally, hence there are relatively few studies
in the literature. Firstly, the size of realistic junctions for
qubits are 100 nm× 100 nm (and can range to several μm2),
these dimensions are very computationally demanding for
atomistic simulations, such as DFTB model. Applying peri-
odic boundary conditions can alleviate some of these issues
but not all. Secondly, the oxide is usually grown, but current
Molecular Dynamics methods cannot simulate experimental
timescales or pressures. Growth simulations are possible but
cumbersome and no guarantee that the amorphous nature of
the structure is realistic. Lastly, the amorphous barrier itself, is
subject to significant debate in terms of structure, electronic
properties and oxide stoichiometry [13–15]. Though crystal-
line aluminium oxide is Al2O3 (or AlO1.5), experimental
evidence suggests the barrier in Al/AlOx/Al is in fact oxygen
deficient and has a stoichiometry that ranges from 0.8 to 1.3,
with typical values of 1.1 in regular junctions [16]. It has been
shown that barrier stoichiometry has a sensitive effect on the
atomic and electronic structure of the barrier which sig-
nificantly alters the transport properties and thus device per-
formance [17]. We aim to explore this further through
simulation of junctions with different oxide stoichiometries
using atomistic semi-emipirical simulation methodology.

In this work, we study several Al/AlOx/Al tunnel
junctions computationally using DFTB/NEGF simulations.
Our aim is to probe how the stoichiometry (Al:O ratio) of the
barrier influences the atomic structure, normal state resistance
and the resulting charge transport through the oxide barrier.
Through resistance, we can link the normal state conduction
to the superconducting current, and gain an insight to how the
stoichiometry influences the Ic. Using simulation we probe
sources of variability within the junction. We also aim to

understand transmission pathways in the barrier and how it
relates to the amorphous structure of the barrier.

2. Simulation methodology

2.1. Electronic structure calculations with DFTB

Density Functional based Tight Binding (DFTB) method is an
approximate method which is based and parameterised from
Density Functional Theory (DFT). In this method, an opti-
mized atomic orbital minimal basis set is used and the Kohn–
Sham potential is approximated from a two center approx-
imation. The overlap matrix is given by pre-calculated pair-
wise integrals between different basis functions these are
stored in so called Slater–Koster tables. The density matrix is
calculated self consistently. Due to the pre-calculated overlap
matrix, this method is computationally efficient whilst
maintaining a high level of accuracy comparable to DFT.

Although DFTB is a semi-empirical method para-
meterized for certain systems using Density Functional The-
ory, it has been shown to be transferable and suggests it can
describe with reasonable accuracy the important physics of
the systems whilst significantly reducing computational costs
[18]. For a comprehensive description of DFTB and its
implementation readers are directed to the cited literature
[18–20]. Also in this simulation study we are emphasising the
difference between different barrier configurations, as long as
as all the simulations are performed with identical computa-
tional set up, our inferences based on structure effects should
be valid.

2.2. Creating the junctions using molecular dynamics

It is very important to ensure the barrier is indeed amorphous.
Whilst, it is possible to grow structures through Molecular
Dynamics, replicating experimental times and pressures is
still beyond the computational capabilities. Therefore, we
have elected a more efficient approximation here through
simulated annealing method. This method has been success-
fully applied to create realistic amorphous structures,
including Al2O3 [21, 22].

Starting from a 3× 3× 1 slab of Corundum, we adjust
the z coordinate of the simulation box, to ensure the reduced
density seen experimentally for amorphous AlOx is repli-
cated, 3.18 g cm−3, which is 0.8 times the density of Cor-
undum (3.97 g cm−3). Oxygen atoms are manually removed
to create the desired stoichiometry for the sample. The z
coordinate is adjusted relative to the change in mass from the
stoichiometry to ensure a density of 3.18 g cm−3 for all
samples to be comparable. An NVT Molecular Dynamics
simulation is run to heat the structure to 3000 K for 4 ps,
creating disorder in the structure. The next step is to cool the
structure over 6 ps to 300 K. The final disordered configura-
tion is geometry optimized using DFTB to ensure bond dis-
tances and coordination numbers (CN) are close to the
experimental values, the optimization proceeds until the for-
ces are below 0.05 eV Å−1. The final structure is assessed by
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analysing Al–O coordination number and radial distribution
function to ensure the oxide is truly amorphous. The radial
distribution function is calculated using equation (1).
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The junction is created by sandwiching the amorphous
oxide between two 5× 5× 1 layers of bulk Al (111), the
structure is optimized using DFTB once again, to describe the
bonding at the interface. This optimization creates disorder to
the Aluminium layers at the surface as described in other
studies before returning to the bulk Al structure [21, 23, 24].
The final junction structure for all our models have a oxide
barrier length of 18–19Å, which is within the experimental
range of 10–20Å [25]. Due to computational cost, the lateral
dimensions of our junctions are considerably smaller than the
experimentally fabricated JJ’s for qubits applications. Hence,
periodic boundary conditions are applied in the x, y directions
for the simulation. A typical Junction model in this work is
illustrated in figure 1.

2.3. Transport calculation with DFTB/NEGF method

The charge transport through the junction is calculated by
combining DFTB (for the electronic structure) with NEGF
method. The NEGF formalism is a numerical method that
gives a single-particle description of an electron moving
through a potential. It has been successfully used to calculate
the transport properties of a wide range of nanoscale devices
such as molecular junctions, silicon nanowires, graphene
systems, magnetic tunnel junctions and JJ [26–30]. A con-
siderable advantage of this method is it allows the computa-
tion of transmission probability, charge density, current, local
bond contribution to current and how they relate to the
electronic structure of the system. By combining this meth-
odology with the atomistic description of DFTB provides a
powerful tool for exploring the atomic structure effects on the
transport of the Al–AlOx–Al junction.

In this section we will provide a brief introduction to the
NEGF formalism and the relevant equations as is imple-
mented in the Quantum ATK software [31]. For a more
comprehensive description of the method, readers are directed
to some very good reviews in the literature [32–34].

The device is modelled into 3 sections, the left and right
bulk electrodes described by conventional electronic structure
calculation, and a central region where there is a non-equili-
brium electron distribution. The system is treated with open
boundary conditions in the transport direction, thus the left
and right bulk electrodes are essentially semi-infinite leads.
As the chemical potential will be different in the two

electrodes (when not under bias). The electron density from
the left and right contributions are calculated separately.
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where L/R refer to left and right regions, ψa are the scattering
states, f corresponds to a fermi function. ò is the electron
energy, μ is the chemical potential of the electrode, kb is the
boltzmann constant and T is the temperature. Where the
electron density is effectively the sum of the occupied scat-
tering states.

Similarly the left/right density matrix contribution is
calculated,
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where ρL is the spectral density matrix given by
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G is the retarded Green’s function and Γ is the broad-
ening function of the electrodes, given in terms of self ener-
gies.
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The key quantity to be calculated is the retarded Green’s
function calculated for the central region using the Hamilto-
nian of the central region and adding the self energies, ∑.
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where δ+ is a infitesimal positive number, S is the overlap
matrix and H is the hamiltonian matrix for the system, ∑L/R

(ò) are the self-energies. In Quantum ATK, the calculation of
the Green’s function at a specific energy is done by inversion
of the Hamiltonian Matrix using an O(N) algorithm [35].

Once the non equlibrium density matrix has been
obtained self consistently, the transmission probability for
electrons of energy, ò, can be obtained from the retarded
Greens function by

( ) [ ( ) ( ) ( ) ( )] ( )†T Tr G G . 7L R    = G G

Once the T(ò) has been calculated from the retarded
Green’s function, the current can be straightforwardly com-
puted using the Landauer–Buttiker formula [36].

( )[ ( ) ( )] ( )I
e

h
T f f d

2
, 8L R

2
   ò= -

where T(ò) is the transmission coefficient, fL/R(E) are the
Fermi functions of the electrodes, e is the electron charge and
h is Planck’s constant.

To calculate resistance of the junction, first the zero bias
conductance of the system is computed as given by
equation (9).
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Figure 1. Illustration of the Al/AlOx/Al Junction Model.
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where f0 is the equilibrium Fermi–Dirac distribution function.
The resistance is then simply:

( )R
G

1
. 10N =

The resistances under normal state of the junctions is a
key parameter for estimating the critical current from the
Ambegaokar–Baratoff equation [37].
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where Ic is the critical current, Rn is the normal state resist-
ance, Δ is the superconducting parameter, which is taken as
190 μV at 100 mK [38].

2.4. Computational details

All calculations are carried out using the QuantumATK-2021
software [31]. The NVT Molecular Dynamics simulations are
calculated using classical force fields. The ‘ReaxFF’ para-
meter set was chosen as it shows the limiting behaviour of
oxidation in other studies and a good qualitative description
of amorphous AlOx [24, 39].The electronic structure of all
Junction models were calculated with DFTB using the
‘magsil-1-1’ parameter set [40–42]. A Monckhorst-Pack grid
k-point sampling of 5× 5× 300 is used whilst the density
mesh cut off is set to 50 Hartree. The zero bias transmission is
calculated with 9× 9 k-point sampling grid as is the Projected
Local Density of States (PLDOS) to analyze the electronic
structure of the junction device. The junctions are studied
under applied bias of −1 to 1 V, to simulate the current–
voltage (IV ) characteristics in normal state conduction (i.e not
superconducting). All transport calculations are done at a
temperature of 0 K.

3. Results and discussion

3.1. Creating the junction models

A typical junction model in this study is illustrated in figure 1.
It is important to validate our amorphous models by ensuring
they are in fact amorphous. This is achieved by comparing the
radial distribution with that of crystalline corundum. In
crystalline corundum there is clear long range and short range
order shown by clear peaks as seen in figure 2. For amor-
phous AlOx, short range order is expected with a clear peak
≈1.8–2Å, accounting for the Al–O bond distance, but there
should be no distinctive peaks at larger distances (no long
range order) [22, 43]. This shows that the models created by
the simulated annealing method are clearly amorphous. In
addition, there are no peaks below 1.8Å, confirming that
there are no unrealistically short Al–O bonds within the
barrier. All our junction models reported in this work show
similar radial distribution plots as the one in figure 2.

Our aim in this work is to assess how the stoichiometry
affects the atomic structure, and in turn strongly affects the

charge transport properties. However, Al:O ratio doesn’t give
any insight into the actual structure of the barriers. A quan-
titative way of understanding and comparing the differences
between barriers is to analyse the Al–O coordination number.
This measure gives an insight into the relative metallicity of
the barriers in addition to the amorphous nature. Typical
corundum would have no distribution of CN with all values
being 6. In amorphous AlOx a distribution is expected, with
higher number of highly coordinated Al expected for higher
stoichiometries. The simulated annealing method is an
approximate method that has been shown to give good qua-
litative amorphous structures. It can give unrealistic struc-
tures, which we try to circumvent by observing any
unreasonable Al–O bond distances and coordinations. This is
why the geometry optimization step after the annealing, car-
ried out with DFTB, is key to ensure realistic barriers. The
importance of this step is highlighted in figure 3 which shows
the CN distribution before optimization, after optimization
and after junction formation for a barrier with AlO1.1

stoichioimetry.
As evident from figure 3 the geometry optimization

improves the distribution across 2, 3, 4, 5 coordinated Al,
namely the increase in 5 coordination, as ideally Al aims to be
coordinated to 6 oxygens. This wider distribution illustrates a
fixing of bond distances. This can also be seen in figure 2,
where the peak at ≈1.9Å is much bigger after optimization.
The coordination number distribution for all our models is in
good agreement with experiment and other theoretical studies
reported previously [21, 44, 45].

Figure 3, also shows the typical changes expected when
the barrier is created into the junction. The distribution of 1
and 2 coordinated Al increases significantly as the barrier
bonds to the surface Aluminium. Low coordinated Al is at the
interface is typical which influences the effective stoichio-
metry and barrier length, one of the main sources of varia-
bility in Al/AlOx/Al. Hence, importantly replicated in our
models.

Figure 2. Radial Distribution comparing Corundum (Crystalline
Al2O3), amorphous Al2O3 before and after optimization.
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3.2. Studying the influence of oxide stoichiometry on current-
voltage characteristics of JJ’s

In this section, the transport simulations with NEGF are
reported and compared across stoichioimetry of 0.8 to 1.5.
The zero bias transmission spectra and PLDOS was calcu-
lated for all junction models. The PLDOS highlights the
electronic structure in the junction, specifically the metallicity
of the barrier as oxygen concentration increases.

The electronic structure of amorphous AlOx and thin
barriers in general is poorly understood and subject to debate.
Unlike crystalline AlOx with a clear bandstructure and an
accepted bandgap of around 9 eV, the ‘bandgap’ of amor-
phous AlOx is not so clear and is dependent on a variety of
factors like structure, density, oxygen stoichiometry, fabri-
cation method [46]. Several experimental studies have shown
that amorphous AlOx structures have a significantly reduced
‘bandgap’ of between 2.8 and 3.2 eV [47–49]. The bandgap
calculated here for the fully stoichiometric amorphous alu-
minium oxide lies between 2.3 and 3 eV, in good agreement
with experiment.

The PLDOS highlights the electronic structure of the
device as a function of the Z coordinate (the transport direc-
tion). For our junction models, the barrier lies approximately
between 20–25Å and 40–45Å. The PLDOS shown in
figure 4 is a good gauge of metallicity of the insulating bar-
rier, where continuous DOS in the region indicates metallic
character. Our results show, as expected, that bandgaps only
appear with increased stoichiometry. The DFT study by Kim
et al report that bandgaps only open up for highly coordinated
Al(CN� 4) [23]. This is consistent with the results reported
here, as higher stoichiometries have a much higher distribu-
tion of highly coordinated Al and hence gaps open up in the
barrier as observed.

The electronic structure of the barrier plays a significant
role in the expected transport of the entire junction. The
AlO0.8, AlO1.1 barriers have continuous density of states in
the barrier, so can be expected to be metallic in nature. It is
evident, particularly below the Fermi level that gaps are

appearing for the AlO1.2 barrier. The AlO1.3 shows a more
prominent gap above the Fermi level albeit with resonances
disrupting the gap. Finally AlO1.4 and fully stoichiometric
AlO1.5, show clear bandgaps due to highly coordinated Al.
From these structures, it would be expected that with
increased Al:O ratio, there would be significant increase of
junction resistance.

In addition to the electronic structure, Al:O ratio has a
significant influence on the atomic structure of the barrier as
shown in figure 5. Generally, low stoichiometries (0.8, 1.1)
lead to low distribution of 5 and 6 coordinated Al. There is a
high distribution of 1, 2 and 3 coordinated Al, due to oxygen
deficiency, this would be prevalent throughout the barrier and

Figure 3. Comparison of atomic structure and the importance of optimization steps in junction creation.

Figure 4. PLDOS for the different oxide stoichioimetry; Top
left= 0.8, Top right= 1.1, centre left= 1.2, centre right= 1.3,
bottom left= 1.4, bottom right= 1.5.
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not just at the Al–AlOx interface. Increase in oxygen content
increases significantly the distribution of the four coordinated
aluminium, whilst reducing the low coordinated Al. There is
also a clear increase of 5 coordinated Al which becomes more
abundant until it dominates in fully stoichiometric barriers.

As a next step we have evaluated the current flow
through the junctions reported above. All our models were
studied under applied bias (−1 V to 1 V) and the IV char-
acteristics computed shown in figures 6 and 7. Due to the
comparatively (to experiment) small size of the junctions,
qualitative comparison is appropriate. Though, microAmp
currents are reasonable and the IV characteristic is typical of
that of a Josephson Junction (linear at low bias), suggesting
the essential physics is being captured by the chosen simu-
lation methods. Figure 6 shows the IV curves for stoichio-
metries ranging from 0.8 to 1.5. As expected from the
discussion on atomic and electronic structure, the current is
significantly higher for AlO0.8 than for the other barriers. The
barrier is significantly metallic in nature therefore has a much
higher conductance, with currents more than 2 times that of
AlO1.1. In order to more easily compare the junctions 1.1–1.5,
figure 7 shows the IV curves without the AlO0.8 structure.

The IV characteristics follow the predicted trend of
higher Al:O resulting in lower current, with only slight
deviations. Firstly, AlO1.1 barrier is significantly more con-
ducting than the rest, with currents 3–4 times larger. This is
consistent with the analysis of the electronic structure and
PLDOS as there are no gaps seen around the Fermi level. As a
result, the barrier behaves more metallic and as expected is
more conductive.

The rest of the junctions show slight differences in the
magnitude of current. Surprisingly AlO1.3 is more conducting
than AlO1.2 in the positive bias regime, and they have similar
currents in the negative bias regime. From the electronic
structure, it may be expected that AlO1.3 would show more
resistance, due to the clearer bandgap. However, analysis of

the atomic structure in the barrier, it can be seen that AlO1.2

shows a higher 4 coordinated distribution and a lower 1 and 2
coordinated Al than expected for this stoichiometry. As a
result, the barrier may be more insulating than expected.
Hence, it shows similar characteristics to AlO1.3. This
example illustrates why Al:O ratio alone is not a good metric
for understanding differences in junction performance, in fact
it is the local atomic structure, better described by the coor-
dination number that gives insight into how the atomic
structure affects performance.

It is also important to note that another barrier, also
AlO1.3, could have a different local atomic structure and thus
different device performance. This is discussed in detail in the
next section for AlO1.1 barriers. Lastly, figure 7 shows that the
fully stochiometric barrier has significantly lower currents
(nA range) than the rest of the barriers. This is easily
explained through much higher distribution of highly coor-
dinated Al as well as a clear bandgap in the PLDOS. Though
the PLDOS at zero bias shows the gap formation above the
Fermi level, under bias, the resonances shift and this gap is
firmly within the bias window, consequently affecting the IV
curves. This is illustrated at the bottom part of in figure 8. As
a result, this barrier would be more insulating and hence have
higher resistance/produce lower currents.

In addition to the IV characteristics, we compute the
resistance*area (RA) product as it is how the Junction
resistance is commonly reported experimentally. Normal state
resistance is an important junction parameter as using the
Ambegaokar–Baratoff relation, it allows us to estimate the
critical current of the device when it is superconducting.
Control of the critical current Ic is key for the fabrication of
high quality qubits. By studying how the resistance of junc-
tions varies, we can probe the superconducting properties and
how they relate to the atomic structure of the junction.
Figure 9 shows how the RA varies with stoichiometry from
our simulated junctions. The AlO1.5 model has been excluded

Figure 5. Coordination number analysis to quantify difference in atomic structure across different AlOx stoichiometries.
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for clarity as its RA is two orders of magnitude higher. This
way we can more reasonably compare how RA changes
between 0.8 and 1.4. The RA values are also reported along
with the computed critical current density, Jc, in table 1. The
simulated values of RA are underestimated compared to
experimentally observed junctions. Our junctions have RA in
the range of 1 mΩ μm2

–10 Ω μm2 compared to the experi-
mentally expected range of 250 Ω μm2

–25 kΩ μm2. This is
expected for a variety of reasons. Firstly, the size of our
junctions cannot meet the experimental range, the cross sec-
tional area of the junctions are ≈1.4 nm× 1.4 nm whereas for
experimental junctions are typically ≈100 nm× 100 nm.
Although periodic boundary conditions are applied, this is
still an approximation to artificially increase the size of the
junction, though cannot fully account for effects of junction
size and so the resistance is underestimated. Secondly,these
model junctions represent the most ideal structure with no
impurities, no effects from measurement techniques and no
discernible defects. As a result the resistance can be expected
to be underestimated. However, a qualitative comparison
between the models is still valid, which allows us to explore
the atomistic effects on the electrical response of the
junctions.

The variation of RA with stoichiometry is consistent with
the computed IV curves. The RA for AlO0.8 and AlO1.1 is the
lowest and close in value. There is a significant increase in
RA of AlO1.2 of more than three times the RA of AlO1.1. The
anomaly of AlO1.2 producing less current than AlO1.3 is
supported here by the drop in RA for the AlO1.3 barrier of
more than 1 mΩ μm2. As discussed above, this is due to a
highly coordinated barrier for AlO1.2 leading to a more
insulating gap than expected. Finally AlO1.4 has a RA more
than 8 times that of AlO0.8 ,as seen from table 1 AlO1.5 is
even bigger with RA ≈7Ω μm2. These results show a clear
but complex relationship between Al:O ratio and junction
resistance, where increased oxygen content leads to sig-
nificant increases in the resistance. Though Al:O alone cannot
be relied on, as local atomic structure can strongly influence
the ‘effective stoichiometry’ of the barrier and lead to larger
than expected resistances as seen in AlO1.2.

In the work by Cyster and co workers, they also explore
the effect of stoichiometry on Al/AlOx/Al models using
NEGF [17]. They report RA values that range between 10−2

and 103 Ω μm2, a similar range to what we have calculated
here. They also find considerable increases in resistance with
increasing oxygen content. They report a transition from
metallic to insulating at stoichiometries of 0.9, we observe a
similar transition at ≈1.1, the difference is most likely due to
the local atomic structure of the oxide barrier, emphasising
that this is a better measure than Al:O ratio. Direct compar-
ison between their reported RA values and our results, is
difficult due to different electronic structure models employed
and Cyster and co workers models have an oxide barrier
length of 14Å, whereas our models are 19Å. Cyster and co
workers show a drop of resistance at higher stoichiometries,
which they attribute to the oxygen distribution within the
barrier. Our results predict a continued increase in resistance
with increasing oxygen content with no similar drop. These
discrepancies highlight the sensitivity of the local Al–O
structure on the electrical response,compared to the Al:O ratio
itself.

The critical current density has been computed by
dividing the critical current computed from equation (5) by
the cross sectional area of the junction, these are shown in
table 1. As the resistances have been underestimated, it can
be expected that the critical currents for our models are
overestimated. Experimentally, high quality Al JJs for
qubit applications can expect a critical current density, Jc, of
1–103 A cm−2, whereas our model junctions range from 1 to
106 A cm−2. Our simulations show that the Jc is sensitive to
the atomic structure of the barrier and not just the Al:O ratio,
density, barrier length, junction size, hence the difficulty in
consistent reproducible junctions. Controlling the barrier
structure, either by epitaxial growth, or otherwise should lead
to more favourable control of critical current.

3.3. Variability of Al/AlOx/Al junctions

A main challenge in using Josephson Junction devices in
qubit circuits is the lack of control of the critical current of the
junction. Due to the amorphous nature of the barrier there is

Figure 6. Current–voltage (I–V ) curves for different oxide
stoichiometries (0.8–1.5).

Figure 7. Current–voltage (I–V ) curves for different oxide
stoichiometries (excluding 0.8).
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often significant variability in the critical current values from
junction to junction even if they are fabricated in the same
wafer. In this section of the paper, our aim is to simulate
multiple junction models where all device and material
parameters are kept the same in order to replicate the varia-
bility in the critical current. Additionally, we aim to under-
stand how this variability arises in order to help overcome it
and guide the fabrication process.

We report here 5 different Al/AlO1.1/Al junctions, all
generated the same way as described above. The AlO1.1

stoichiometry was chosen as it is suggested by literature and
experimental data to be the most common stoichiometry from
most junction material growth processes.

Figure 10 shows the IV characteristics for 5 different
Al/AlO1.1/Al samples. All junctions qualitatively replicate
the expected IV curve of a typical Josephson Junction. As is
evident, there is variability across the devices. In particular
sample A is the most conductive, with currents 2–4 times
that of the other samples. Sample C is more conductive by
1.5–2 times that of B, D and E. Whilst samples B, D, E show
remarkable consistency, with almost inseparable IV curves.
Figure 11 reports the variation in RA across the 5 samples.
The RA values range from 0.016 to 0.156 Ω μm2. These are
also reported along with the critical current densities in
table 2. Sample A has the lowest RA, which is consistent with
the IV curve in figure 10, sample D appears to have the lowest
current and hence the fact it has the highest RA is expected.

The calculated critical current densities are in the range
of 105–106 A cm−2. The differences between samples follow
the inverse of the RA trend, as expected as the critical current
is calculated from the resistance values. Excluding Sample A,
the values for B, C, D, E are all within the same order of
magnitude, and are close in value though clear variability
remains. This is similar to the results reported by Kim et al, in
their DFT study of Al/AlOx/Al barriers they find variability
in the computed critical current density even when the stoi-
chiometry and length of the barriers are similar [23]. Speci-
fically, Kim et al report that for two barriers with a mean
thickness of 7.1–7.2Å the critical current varies by factor of
more than 2.6. The variation in our samples (B, C, D, E)
ranges by a factor between 1.8 and 2.8.

In all cases the density, barrier length, oxide stoichio-
metry and preparation method are all the same, yet differences
in resistance and transport remain. Sample A produces the
highest current in normal conduction, has the lowest calcu-
lated RA and its superconducting critical current is an order of
magnitude higher than the other samples. This can be
explained by contrasting the atomic structure through the
distribution of Aluminium coordination number as reported in
figure 12.

The low resistance of sample A is consistent with the
high distribution of low coordinated Al (CN= 1, 2, 3) com-
pared to the other samples. Equally, there is a lower dis-
tribution of highly coordinated Al (CN= 4, 5, 6). As a result,
the barrier would be expected to be more metallic. Hence
more conductive, as predicted. The distribution of coordina-
tion number (CN) for samples B–D are very similar with only
subtle differences.

Figure 8. PLDOS of AlO1.5 barriers at zero bias (top) and a bias of 1
V (below).

Figure 9. RA versus stoichiometry.

Table 1. Calculated resistance-area values (RA) and critical current
density for the different AlOx stoichiometries.

Stoichiometry RA (Ω μm2) Jc (A cm−2)

1.5 6.948 4.28× 103

1.4 0.084 3.54× 105

1.3 0.046 6.41× 105

1.2 0.060 4.93× 105

1.1 0.016 1.91× 106

0.8 0.014 2.10× 106
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In addition to local atomic strucure, it is important to
compare the electronic structure of the junctions for under-
standing differences. Comparing the PLDOS of samples B, D,
E in figure 13 it can be seen that for sample D, there is an
opening of a small energy gap just above the Fermi level. This
leads to a break in the metallicity of the barrier and helps
explain why the RA for this junction is higher than the others.
This gap may arise due to a higher distribution in highly
coordinated Al, particularly Al(3). Once more demonstrating
that small differences in the structure of the amorphous barrier
can lead to significant variability in performance of the
junctions.

Despite the atomic structure of B, C, D and E being only
subtly different, the IV characteristics show C produces more
current than B, D and E. Variability structure to structure is
emphasised by the transmission spectra which shows the
different energies (relative to the Fermi level) at which
the electrons can scatter through the device, and the relative
probability ((T)(E)) of the electron being transmitted. The
area under the curve gives the conductance of the device
system.

The transmission spectra at zero bias is shown in
figure 14, only peaks between the energies of −0.5 to 0.5 eV
are shown as these are the only ones relevant within the −1
and 1 V bias range. Under bias the peaks will change slightly
in intensity and can shift further apart. However, the zero bias
spectra gives good insight to the conductance of the junction.
Samples B and C have a thicker linewidth for easier com-
parison. The intensity (given by T(E)) for the different sam-
ples is consistent with the IV characteristics shown in
figure 10.

The peaks in the transmission spectra relate to conduc-
tion pathways through the oxide barrier. These conduction
pathways depend on the local atomic structure of the barrier.
As seen from the spectra, despite the density, stoichiometry,
length and material type all being identical, the amorphous
nature of the barrier leads to significant variability in elec-
tronic structure, resistance and charge transport. The sensi-
tivity to atomic structure is a challenge for consistent

fabrication of Al/AlOx/Al and other JJ’s for controlling the
Ic and reducing decoherence in superconducting qubits.

3.4. Analysis of transmission pathways

Tunnelling through the oxide is hypothesized to occur
through metallic pathways. It has been suggested that oxygen
deficiency increases the metallic pathways within the oxide
and thus increases the conductance across the barrier. It can
also lead to leakage of cooper pairs, leading to increased noise
and decoherence in superconducting qubits. As discussed
above, the peaks in the transmission spectra correspond to
transmission pathways in the device. The transmission coef-
ficient at specific energies can be split into local bond con-
tributions, as described by equation (12) [50, 51].

( ) ( ) ( )T E T E . 12
i A j B

ij
,
å=

Î Î

The local bond contributions can be visualised in the
barrier, and can show positive pathways i to j or negative j to i
(back scattering). Predicting this flow of electrons can give
further insight to how the amorphous nature of the barrier
influences the properties of the junction.

Analysis has been carried out on all AlO1.1 junctions,
only peaks within the applied bias range were examined.
Here, we report on sample B. Figure 15 shows the trans-
mission spectra for sample B with the relevant peaks high-
lighted by the dotted box. The transmission peaks in this
region show the most prevalent conduction pathways in the
barrier. Figure 16 illustrates the visualisation of the conduc-
tion pathway at 0.03 eV for sample B, very close to the Fermi

Figure 10. Comparison of the IV curves 5 different AlO1.1 junction
samples.

Figure 11. RA comparison across the five different samples.

Table 2. Calculated resistance-area values (RA) and critical current
density for the different Junction Samples.

Junction RA (Ω μm2) Jc (A cm−2)

Sample A 0.016 1.91× 106

Sample B 0.072 4.11× 105

Sample C 0.087 3.43× 105

Sample D 0.156 1.90× 105

Sample E 0.056 5.30× 105
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level. Only bond contributions higher than 20% of the T(E) at
that peak is shown.

From the pathway in figure 16, it can be seen that pre-
dominantly electrons flow from Al to Al, consistent with the
transport being dominated by metallic conduction pathways.
The transmission of electrons doesn’t necessarily flow
between directly bonded Al atoms, therefore longer range
tunneling occurs. From this pathway, several ‘routes’ can be
identified. There is a group of Al atoms that contribute the
highest weight to T(E) (highlighted by the purple arrows) this
group identifies a ‘hotspot’ within the barrier. This is con-
sistent with the findings in [17] which report ‘hotspots’
corresponding to metallic conduction pathways. Finally, it
can also be seen some arrows travelling in the opposite
direction, which shows back scattering, which would decrease
the conductance and hence can give an insight to rises in
resistance within the barrier.

Further analysis of the transmission pathways in sample
B found similar results. Namely, transmission is dominated
by metallic pathways Al to Al. Peaks at 0.21 eV, −0.03 eV,
all contain, in addition to others, the same atoms as those that
dominate the pathway in 0.03 eV, this highlights the strong
influence of local atomic structure, that creates ‘hotspots’
which contribute to the conductance at various different
energies. Although, there are examples of Al–O bond con-
tributions to the transmission, transport through the oxygen
atoms is much less common, and suggests increasing oxygen
concentration increases the resistance (decreases the Ic) of the
junction.

Lastly, from analysis of pathways through other junc-
tions, it was found that the transmission at different peaks,
had common atoms in the dominant pathways, hence ‘hot-
spot’ areas in the amorphous barrier. The pathways are also
dominated by Al–Al contributions, including long range
order, suggesting metallic pathways through the barrier are

key to transport in the junction. Additional transport pathways
can be found in the supporting information.

4. Conclusions

Atomistic understanding of Al/AlOx/Al and other JJ is key
to improving their fabrication process and achieving control
of critical current and other parameters. Developing and
employing efficient and accurate modelling techniques can
significantly boost progress and understanding of the Al/
AlOx/Al. In this work we have thoroughly studied the atomic
and electronic structure of the archetypal Josephson Junction
Al/AlOx/Al and explored how it affects junction perfor-
mance, through a combination of molecular dynamics, DFTB
and NEGF methods.

Through our calculations, it has been shown that the
stoichiometry of the barrier sensitively affects the critical
current of the Al/AlOx/Al, the effects can be rationalised
through the opening of a energy gap in the barrier with
increasing oxygen concentration, linked to the local atomic
structure studied by Al–O coordination number. The amor-
phous nature of the barrier leads to unavoidable variability
within the junction, this has been studied here computation-
ally across different samples created in the same way. It was
found that differences in local structure arise naturally which
strongly influences the electronic structure of the barrier
leading to variability in the IV characteristics, junction
resistance and critical currents. Though some consistency
between samples was observed, small differences in structure
resulted in significant variation in the simulated current values
and hence the device performance. Though not explored in
this paper, further work could focus on the specific sources of
variability and whether the models can capture the natural
defects that lead to decoherence in superconducting qubit
circuits.

Figure 12. Coordination number analysis across 5 samples of Al/AlO1.1/Al.
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Finally, within our computational framework we have
explored the nature of tunnelling through the barrier. Analysis
of the transmission pathways provides further evidence that
metallic pathways dominate the transport in the junction. As a
result, increased oxygen concentration (higher stoichiometry)
reduces the metallic pathways in the barrier and lead to
increased resistance. This is further evidence that local atomic
structure is vitally important for controlling critical currents.

In conclusion, computational modelling using atomistic
semi-empirical methods is an efficient tool to compliment
experimental work in improving our understanding of JJ and
accelerating the improved performance of superconducting
qubits and other technology. Further work, using this

computational framework, could explore the influence of
barrier density, effective barrier length, crystalline junctions,
different material junctions and crucially explore defects and
sources of noise within the barriers.

5. Additional information

Additional Transmission Pathways can be found in the sup-
plementary information. All x, y, z coordinates for the model
junctions are available on request.
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